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Cxonje, Makemonuja

ON A CONJECTURE OF P. NYLEN AND L. RODMAN

Vladimir Rakoéevié1)

Abstract. In this note we prove that conjecture of b. Nylen
and L. Rodman [2, Integral Equations and Operator Theory, Vol.
13(1990), 728-749] is true.

We use the same notations as in [2], where there is the
following

Conjecture [2, Conjecture 5.11]. Every Banach algebra A
(with unit) has the spectral radius property, i.e. for every a€A
with the spectral point sequence {uj(a)};= of infinite length

satisfying

1

wy(a) = rll_i: un(a)

for some integer m, the limit 1lim un(a) is actually equal to the
n-»o

spectral radius of a in the factor algebra A/K, where K is the
norm closure of the ideal of finite rank elements.

To verify [2, Conjecture 5.11] it is enough to prove

Theorem. Let A be a complex Banach algebra with unit 1 and
K be the closure of the ideal F of finite rank elements of A.
If a€A, r€c{a) and |Arl > r (a), then 1 is a f.m. spectral point
of a.

Proof. Set A’=aA/rad(A), where rad(A) is the Jacobson radical
of A. The algebra A’ is semisimple and so the socle of A’, soc(A’),
exist. We write x’ for the coset x+rad(A) and if ScA write

'={x’: x€S}.

Suppose that a€A, A€g(a) and [A] > rk(a). F’ is a two-sided
ideal of A’, and from [2, Corollary 2.3] and [3, Theorem 3.2}, it
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follows that F’csoc(A’). It is easy to see that rk(a) z
cl(F’)) 2 rcl(soc(A,))(a'+cl(soc(A’)), where cl(F’)) and

cl(soc(A’)) denote, respectively, the closure of F’ and soc(A’).
Now, according to [1,F.3], it follows that a-: is a Fredholm
element of A. From [1, Theorem F.3.7, F.3.8 and F.3.9], it fol-
lows that A is an isolated point in o(a). Let eA(a) be the Riesz
idempotent associated with A. From {Al > rk(a), it follows that
ex(a)+K=K, and by [3, Theorem 4.6] we conclude that ex(a)eF. o
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3A ENHO TBPAERBE HA P. NYLEN H L. RODMAN

Bnagumup PakoueBHK

Pesume

Opme moxaxyBame OeKa XHnoTesaTa Ha P. Nilen u L. Rodman (2]
e TO4Ha.
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