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INTERPOLATION IN THE CLASS
MP, 0<p<1

Nikola Pandeski* and:Ljupto-Nastovski** . o

Abstract

In ‘this paper we gx.ve suﬁicneni: ‘conditions such t:hac"'the in-
terpolation problems for the sequences (Ax)$2 ; and (cx)$ k—I’ has a
solution in the class M?, 0 <p< 1.

Let D be the umt dlSk m the complex plane, { gholomorph‘ic function

in the dlSk D, L
M f (0) = Sup lf(T€'9)|

and S ST T RO TN

0 0<ax1
logta =

loga a>1.. .~
We denote by M? the class of holomorphic functioﬁs in D such that

27
/ (log™ M £(6))"df < +oo.

For 0 < p < 1 the class MP contain the Nevalina class N. Gavrilov
and Subotin {4], proved that the functions in the class M?, 0 <' p <1 has
boundary values.
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Let (Ax)32, be a given sequence in the unit disk D such that

o e]

S -t < 400, a> -l )
k=1

We look for a function f € MP, 0 < p < 1, such that
fOw)=ck, k=12,...

where (ck)%, is a given sequence.
Let by(2) be the Blaschke—Naftalevich-DJarbashJa,n product in the with
disk D

=11 (- 4240w {1 (- 458) ). v

Jj=1 Jj=1

Note that b,(2) converge if (1) is satisfied and |bp(2)| < 1 for z € D.
If —1 < a < 1, we have the usual Blaschke product
Let

1— |2 P11\
b Z) = 1'———'_—'7—— ex - ———::'7—
pk(2) ,.LL(, 1_A,.z) p{;a(l—w) |
Theorem. Suppose that

- .
Z(l—lkkl)“+1<+oo and arghg = 0p.

k=1
Let (ck)52, be a sequence such that
Z ekl
« |by, O]
Then there exist f € MP, 0 < p < 1, such that f ¢ N and f(\x) = cx,

k=1,2,...
Proof. Let 0 < p < 1. Define
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)&;i"_l_.}.é )

o0
—~ (1 = [Ag] B ati, g
% exP(z:l T D (=)t

ThenfGMPforevery0<p<1 f¢Nandf(/\k)-ck,k—-1 2,.

some 3 > 1.
It is clear that f is a holomorphlc functlon

To prove that f ¢ N and f € MP, 0 < p < 11t is enough to prove

that the function
_'t_ 8 3
I/\kl) +r

<z>—exp<z )

for some S it is in M?, 0 < p < 1, but it is not in N.
We have for z = re® € D

lg(re®)| = epodk — Brcos(6 =) + -

(1 —2rcos(6 — 6p) + rz)ﬁ
= 90(7‘6’9)91(7‘6’0),~ :

where

and di = (1 — |Akl)#+r. For go(re®) we have
2w

sup / log™ |go(re®f)| df = +o00
0<r<
0

and so go ¢ N, which implies that g ¢ N and f ¢ N.
For go(ret o) we have

. : > “.dg
Mgg(re®®) < exp e |
o(re™) , (kgl | sin(6 — 00)|2ﬁ)

0
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and

27 2 e ?
. d
. 9\y900 < —
/(log Mgo(re*))Pdo < /0 (; | sin(@ — 90)|2ﬁ) @
J =

(Z dk) / | sin 0I2ﬁp

' 1 1 1
Wetake2ﬂp=§. Soﬂ=Z;>1if0<p<Z.

Then
/ d9 < 400,
|sm 0[231’ |31n0|%
and because
0 P
(Z dk) < 400,
we have

/log+(Mgo(rei9))”d0 <oo for 0<p< %

Because MP C M?for0<g<pwehavegoe MPfor 0 <p< 1.

Other conditions

Let 0<p<1and

3 (1= Pel)? < 00.
k=1

If arg A\ = 69, and

o0 _ P P
Z (1= ePllog el _
T T Owl

then

g(Z) = expz 1= I_/\,:‘L bik((,\z:) log ek
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belongs to M?, 0 <p <1 and
gAk) =ck, k= 1,2,.. ..
Here b(z) is a usal Blashke product and
Aj—z A
o(z) = | |
_1'1;1 1 —&Xj;‘ “Aj

The prove is simillar.
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MHTEPIIOJIAIIMIA BO KJIACATA
MP, 0<p<l1

Huxona Ilaunecku* u Jbynuo Hacroscku™*

Peszuwme

Bo TPY.IOT ce JaBaaT IOBOIHH yCTOBM TaKa Ia MHTEPIOJAIMOHIOT
npobnem 3a mmsute (M), u (ck)72,, MMa pemenue Bo knacara MP,
0<p<l
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